Askăseic Algebrikăc GewmetrÐac, FullĹdio 5 Earinì exĹmhno tou ètouc 2002 Kajhghtăc GiĹnnhc A. AntwniĹdhc

1. An X = V (F ) algebrikă kampÔlh kai P = (a, b) ∈ X aplì shmeÐo autăc, na apodeÐxete ìti h efaptomènh thc X sto P dÐnetai apì thn exÐswsh F_X (P )(X − a) + F_Y (P )(Y − b) = 0

2. Na breÐte ìla ta idiĹzonta shmeÐa kai tic exisÿseic twn efaptomènwn sta shmeÐa autĹ twn parakĹtw kampulÿn X = V (F ) ìpou F = Y^3 − Y^2 + X^3 − X^2 + 3Y^2X + 3X^2Y + 2XY , F = X^4 + Y^4 − X^2Y^2, F = X^3 + Y^3 − 3X^2 − 3Y^2 + 3XY + 1 kai F = Y^2 + (X^2 − 5)(4X^4 − 20X^2 + 25)

3. Na skitsĹrete thn pragmatikă eikìna twn parakĹtw algebrikÿn kampulÿn tou A^2 (C ), na upologÐsete ta idiĹzonta shmeÐa thc kĹje miac apì autèc, thn pollaplìthta kĹje idiĹzontoc shmeÐou, na upologÐsete tic exisÿseic twn efaptomènwn sta shmeÐa autĹ kajÿc kai thn pollaplìthta twn efaptomènwn: X = V (F ) ìpou F = X^3 + X^2 + Y^2, F = X^4 − X^2 + Y^2, F = X^5 + X^4 + Y^2, F = X^6 − X^4 + Y^2, F = X^n + Y^n − 1 ìpou n ∈ N.

4. An h kampÔlh X = V (F ) ⊆ A^2 (C ) eÐnai bajmoÔ n kai èqei èna shmeÐo P ∈ X pollaplìthtac n na apodeÐxete ìti h X apoteleÐtai apì n eujeÐec oi opoÐec pernoÔn apì to shmeÐo P .

5. An P diplì shmeÐo thc kampÔlhc X = F (V ) ⊆ A^2 (C ) na apodeÐxete ìti to P eÐnai brìgqoc akribÿc tìte ìtan F_{XY} (P )^2 ≠ F_{XX} (P )F_{Y Y} (P ).