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(1) 'Eotw X ypopuxoc yhpog e vopuo ||-|| n omola ixavonotel Tov xovovor tapodAnhoyeduuou.
Acite 6TL 1) VOpU TEOEPYETAL OO ECWTEPLXO YIVOUEVO, BNAUDY|, UTHPYEL ECWTEPXO YIVOUEVO
(,): X x X = R této10 dote ||z]]> = (z,z) v x&de = € X.

(2) 'Eotww X ypopuxoc ydpoc e eowtepxd yvouevo xou {e;, i € I} optoxavovixd civohro.
Aei&te 611 yio xdde € X 1o ovvoro {i € I: (x,e;) # 0} elvon aprduiowo.

(3) Eow H yopoc Hilbert xou K xuptd xou xhetotéd unootvoho tou X. Aeilte 6t yio xdide
x € X undpyet yovadwd y € K wote ||z — y|| = d(z, K). Ioybet vnoypentnd 6t o —y L K;

(4) Eotww X y®pog pe eowteptxd YWOUEVO xou (Z,,) @eaypévn axorovdia otov X tétot dote
limy, o0 (@n, ) = 0 yio xdde x € X. Acl€te 61 undpyer utooxorouvdia k, — 0o TéToL DOTE
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5) 'Eotww H yopoc Hilbert xa. (v, )nen 0pdoxavovixy, axoloudia.
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(i) Edv (w,v,) = 0 vy xdde n € N ouvendyetoaw 61 w = 0, vo detydel 61t 1 (v )nen, ebvan
opYoxavovixr Béon tou H (dnhadn 1 yeouuxr 9xn twv v, eivor tuxvi otov H).

ii) E&v n (v,)nen lvar opBoxavovixn Bdon tou H xou
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vou 0styVel 6Tt xou N (U, )nen Ebvor oodoxavovixh Bdon tov H.
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(6) Eow H yodpoc Hilbert xou T: H — H qpayuévoc yeouuwode tekeotric we ||T]] < 1.
Acite 6T yio xde v € H €youue
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émou P n opYoydvia tpoolf otov undyweo I = {v € H: Tv = v}




