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1. Gia k�je zeÔgoc akeraÐwn a kai b, breÐte akèraiouc q kai r tètoiouc ¸ste a = bq + r kai
0 ≤ r < |b| :

(a) a = 395 kai b = 14
(b) a = 608 kai b = −17
(g) a = −278 kai b = 12

(d) a = −427 kai b = −8

2. ApodeÐxte tic parak�tw prot�seic:

(a) To ginìmeno tri¸n diadoqik¸n akeraÐwn diaireÐtai me to 6.
(b) To ginìmeno tess�rwn diadoqik¸n akeraÐwn diaireÐtai me to 24.

3. DeÐxte ìti to 3
√
2 den eÐnai rhtìc.

4. DeÐxte ìti to
√
p den eÐnai rhtìc, ìpou p eÐnai pr¸toc arijmìc.

5. BreÐte ìlouc touc pr¸touc metaxÔ tou 100 kai tou 150.

6. Gia k�je zeÔgoc akeraÐwn a kai b, breÐte to d = mkd(a, b) kai ekfr�ste to d wc grammikì
sunduasmì twn a kai b :

(a) a = 48, b = 356
(b) a = 165, b = 1287

(g) a = 2310, b = 168

(d) a = 195, b = 968

7. ApodeÐxte:

(a) An a | b, tìte a | −b, −a | b, kai −a | −b.
(b) An ac | bc, tìte a | b.
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8. ApodeÐxte:

(a) An am+ bn = 1, tìte mkd(a, b) = 1

(b) An a = bq + r, tìte mkd(a, b) = mkd(b, r).

9. ApodeÐxte ìti:

(a) o mkd(a, a+ k) diaireÐ to k.

(b) o mkd(a, a+ 2) isoÔtai me 1   2.

10. ApodeÐxte ìti an o n > 1 eÐnai sÔnjetoc, tìte èqei èna jetikì diairèth d tètoio ¸ste

d ≤
√
n.

11. Ekfr�ste wc ginìmeno pr¸twn arijm¸n:

(a) 2940, (b) 1485, (g) 8712, (d) 319 410.

12. 'Estw a = 5880 kai b = 8316.

(a) Ekfr�ste ta a kai b wc ginìmeno pr¸twn.
(b) BreÐte ta mkd(a, b) kai ekp(a, b).
(g) EpalhjeÔste ìti ekp(a, b) = (|ab|) / mkd(a, b).

13. ApodeÐxte ìti an a1 | n kai a2 | n, ..., ak | n, tìte m | n, ìpou m = ekp(a1, ..., ak).

14. 'Estw n jetikìc akèraioc. ApodeÐxte:
(a) ìti to 3 diaireÐ to n an kai mìno an to 3 diaireÐ to �jroisma twn yhfÐvn tou n.

(b) ìti to 9 diaireÐ to n an kai mìno an to 9 diaireÐ to �jroisma twn yhfÐvn tou n.

(g) ìti to 8 diaireÐ to n an kai mìno an to 8 diaireÐ ton akèraio pou apoteleÐtai apì ta trÐa
teleutaÐa yhfÐa tou n.


