TA KPITHPIA OAOKAHPQMATOZ KAI ZYMIIYKNQZHZ

Osmpmm (Kpttiipto odorAnpouatog). ‘Eote f : [1,+00) — R ovvexrig, @divovoa, un apvntikn. Tote n osipa
Z f(n) ouyrAiver av kat uévo av n akofovdia x, ue x, = f f(x)dx ovykAiver.
n=1

Anoddeiln. Eote s, 1 akodloubia tov pepik®v abpolopdiev tng oelpds. Apou 1 f eivatl @Bivouoa éxouyie
flk+1) < f(x) < f(k) yia xabe x € [k, k + 1], k € N. OdoxAnpovoviag g mpog x raipvoupe
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Zf(k +1)< Zf Ff(x)dx < Zf(k).
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Ao v tedeutaia oxéon ouvendyovrat ta €§1g:
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e Av n og1pd ouyKAivel TOTe 1 S, €ivatl @paypévy. ‘Apa KAt n X, €ivat @paypévn), eMopEvVOg OUYKAivel
8101 elval avouoa.

e Av 1 X, ouykAivel TOTe eival @paypévn, apa Kat 1 §, elvat @paypévn, eMOPEVOG 1) 0elpd CUYKALVEL.
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Mapadewypa. 'Exoune dx =In(In(n + 1)) — In(In2) - +00. Apa and KPP0 OAOKAN-
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Oswpnpa (Kpl‘[l’] plo ouprukveong tou Cauchy). 'Eora) a, wa edivovoa akojlovdia un apvnuKkov apduov.

Tote n ogpa Z a, ovyKiiver av Kat uovo av n ospa Z 2"ayn ouvykiivet.
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Anodeiln. Eote s,, t, 01 akoAoubieg ToV NEPIKOV aBPOIoPATOV TRV CEPOV Zan, ZZ"azn avtiotoixa.
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Son+l_1 = aj + (a +az)+(as+as+ag+a7)+---+(apm+---+ len+|_1)

<a;+2a;+4as+---+2"ay =t,.
AnAadrn) som1_; < t, (). Arttnv dAAn
Syet =ay +ap +(az +aq) +(as +ag+ a7 +ag)+ -+ (@pmyy + -+ + age)

>ay+ar+2a4+4dag + - +2"amn
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= 5(2a1 +2ay +4as +8ag + -+ + 2" apu) = E(a1 + Lyi1).

(9]
Andadn t,41 < 25 —ap (x%). Av n Z 2"ayn ouykAivel, tote N 1, gival epaypévn, dpa Kat n Sy« givai
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@paypévn ano v (). Enopéveg n s, eivat gpaypévn, ouvenaog n Z a, OUYKALVEL.
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Av n Z a, ouyrAivel, TOTE 11 5, €lvatl @paypévn, apa Kat 1 2o+ — aj €ivat @paypéve, eEMOPEVOS 1 f,4 €lvat
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