
ALGEBRA II-METAPTUQIAKO, QEIMERINO EXAM. 2007-08
ASKHSEIS #10

UpenjÔmish: Ja gÐnei èktakto m�jhma t n Tet�rth 16/1/08 stic 12:00 (L210) sqe-
tik� me to adÔnato gewmetrik¸n kataskeu¸n. Sthn sunèqeia ja gÐnei to m�jhma twn
ask sewn.

*Prìblhma 1. 'Askhsh # 1, & 6.7 apì to biblio toÔ R.B. Ash.

*Prìblhma 2. 'Askhsh # 3, & 6.7 apì to biblio toÔ R.B. Ash.

*Prìblhma 3. DeÐxte ìti h om�da Galois t c epèktashc Q ≤ Q(ω, 21/3), ì-
pou ω mia prwtarqik  trÐth rÐza t c mon�doc, eÐnai epilÔsimh.

*Prìblhma 4. 'Estw k s¸ma me chark 6= 2 kai èstw n perittìc fusikìc.
DeÐxte ìti an to K perièqei mia prwtarqik  n-rÐza t c mon�doc tìte perièqei kai mia
prwtarqik  2n-rÐza t c mon�doc. DeÐxte ìti to parap�nw den isqÔei sthn perÐptwsh
pou eÐte chark = 2 eÐte to n eÐnai �rtioc.

**Prìblhma 5. 'Estw f(x) = x3 − 3x + 1 ∈ Q[x]. 'Estw E to s¸ma an�-
lushc t c f . DeÐxte ìti h epèktash Q ≤ E eÐnai kuklik .

**Prìblhma 6. 'Estw E = Q(
√

2, i
√

3, 51/3). DeÐxte ìti h om�da Galois
t c epèktashc Q ≤ E eÐnai epilÔsimh.

**Prìblhma 7. a) BreÐte gia poioÔc fusikoÔc n isqÔei ìti φ(n) | 4.
b) Qrhsimopoi ste to a) gia na prosdiorÐsete poièc rÐzec t c mon�doc perièqontai
sta parak�tw s¸mata
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