
ALGEBRA II-METAPTUQIAKO, QEIMERINO EXAM. 2007-08
ASKHSEIS #7

*Prìblhma 1. 'Askhsh # 1, & 6.1 apì to biblio toÔ R.B. Ash.

*Prìblhma 2. 'Askhsh # 5, & 6.1 apì to biblio toÔ R.B. Ash.

*Prìblhma 3. 'Askhseic # 5 kai 6, & 3.5 apì to biblio toÔ R.B. Ash.

**Prìblhma 4. 'Estw K s¸ma qarakthristik c p kai èstw a ∈ K stoiqeÐo pou
den eÐnai p- rÐza stoiqeÐou toÔ K (dhl. a 6= cp, gia opoiod pote c ∈ K). 'Estw b ∈ K̄
rÐza t c exÐswshc xp − a = 0. BreÐte to Gal(k(b)/K).

**Prìblhma 5. 'Estw f(x) = x3 + ax2 + bx + c = 0 ∈ Q[x] an�gwgo polu¸numo
me mÐa mìno pragmatik  rÐza. 'Estw E ≤ C to s¸ma an�lushc toÔ f(x). DeÐxte ìti
h om�da Gal(E/Q) eÐnai isìmorfh proc thn om�da S3 twn metajèsewn tri¸n stoiqeÐwn.

**Prìblhma 6. 'Estw m,n fusikoÐ arijmoÐ me m | n. 'OpwseÐdame sto
prìblhma 5, full�dio 6 èqoume ìti Fpm ≤ Fpn . DeÐxte ìti h parap�nw epèktash eÐnai
epèktash Galois kai deÐxte ìti h om�da Gal(Fpn/Fpm) eÐnai kuklik  om�da.

**Prìblhma 7. DeÐxte ìti h om�da Galois t c epèktashc Fpn ≤ Zp eÐnai
�peirh om�da.
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