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A. TertÐkac

ANALUSH II

Full�dio 7

1). DÐnetai h akoloujÐa twn sunart sewn fn : [0, 1] → R , me tÔpo

fn(x) = x(1− x)n , x ∈ [0, 1], n ∈ N.

BreÐte arqik� to kat� shmeÐo ìrio f thc akoloujÐac fn kai sth sunèqeia apodeÐxte ìti h sÔgklish

fn → f, n → +∞,

eÐnai omoiìmorfh.

2). DÐnetai h akoloujÐa twn sunart sewn gn : [0, 1] → R , me tÔpo

gn(x) = nx(1− x)n , x ∈ [0, 1], n ∈ N.

BreÐte arqik� to kat� shmeÐo ìrio g thc akoloujÐac gn kai sth sunèqeia apodeÐxte ìti h sÔgklish

gn → g, n → +∞,

den eÐnai omoiìmorfh.

3). DÐnetai h akoloujÐa twn sunart sewn fn : [0, 1] → R , me tÔpo

fn(x) = xn , x ∈ [0, 1], n ∈ N,

kai h suneq c sun�rthsh g : [0, 1] → R . E�n g(1) = 0, apodeÐxte ìti h sÔgklish

fng → 0, n → +∞,

eÐnai omoiìmorfh.

4). DÐnontai oi akoloujÐec twn sunart sewn fn, gn : [0, 1] → R , kai f, g : [0, 1] → R , tètoiec ¸ste
oi sugklÐseic

fn → f, n → +∞,

gn → g, n → +∞,

eÐnai omoiìmorfec. E�n epiprìsjeta up�rqei M > 0 ¸ste na isqÔei

|fn(x)| ≤ M, |gn(x)| ≤ M, x ∈ [0, 1]

apodeÐxte tìte ìti h sÔgklish
fngn → fg, n → +∞,

eÐnai omoiìmorfh epÐshc.

KALH EPITUQIA!
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